Via Antiqua vs. Via Moderna Semantics

This paper is going to contrast two paradigmatically different ways of constructing semantic theory in the Middle Ages, which I will somewhat anachronistically designate as via antiqua and via moderna semantics. In fact, the anachronisms in this enterprise are going to be multiple. For besides the anachronistic nomenclature, I will deal here with the anachronistic question of what sort of model theoretical semantics would we get, if we based them on the intuitions of our medieval colleagues, rather than on our own.
But of course, our medieval colleagues had no idea of model theoretical semantics. Therefore, when we are discussing their characteristic semantic ideas, we should be constantly aware of the rather different theoretical context in which these semantic ideas functioned. Thus, even if the idea of semantic compositionality was definitely present in medieval authors in some form, we should not expect them to provide recursive definitions allowing the effective computation of semantic values of complex expressions as functions of the semantic values of their components in the way we would construct a semantic theory. Nevertheless, this fact does not exclude the possibility of a rational reconstruction of their ideas in the sense that following their intuitive clues, we may still provide such definitions that could constitute what we would recognize as a full-fledged semantic theory for a certain class of expressions, culminating in a semantic definition of logical validity. At any rate, the subsequent discussion will provide the outlines of a rational reconstruction of this sort, in the hopes that this approach will not only shed some light on certain intriguing features of medieval semantics, but that it will also facilitate comparisons between medieval and modern ideas, pointing to such features of the medieval ideas that we also can (and should) take seriously in our own thinking about the semantics of natural languages.

But apart from the potential fruitfulness of this approach from a contemporary perspective, there is another consideration that necessitates it in this discussion, namely, the immense variety of the relevant semantic ideas in the medieval output. Clearly, in order to understand the importance and character of Ockham’s semantic innovations and their further development by Buridan, we have to contrast their ideas with “the former paradigm”. But in order to do so, we have to reconstruct that “paradigm” as such, i.e., we have to provide a certain schematic summation of those common features of the semantic ideas of earlier authors that Ockham and Buridan abandoned in their paradigmatically different semantic construction. 

The rational reconstructions sketched in this talk, therefore, ought not to be regarded as attempted answers to the factual, historical question: what was the logical semantic theory of this or that medieval author like?  Rather, they should be regarded as attempted answers to the counter-factual, theoretical question: what would a semantic theory be like if we constructed it on the basis of the semantic intuitions of such and such medieval authors (rather than on the basis of our own post-Fregean/Tarskian intuitions)? 

In this spirit, therefore, let us start with what, for want of a better name, I will call via antiqua semantics.
The common starting point for all medieval semantics is the Aristotelian “semantic triangle”, the idea based on Aristotle’s remarks in his On Interpretation to the effect that words signify things not immediately, but with the mediation of the concepts of the mind. There was some disagreement among authors as to whether words signified primarily concepts and only secondarily the things conceived by means of these concepts or vice versa, but since words in themselves were regarded as mere articulate utterances or strings of letters corresponding to such utterances, it was generally agreed that these utterances and strings are significative only in virtue of being subordinated to some acts of understanding. Clearly, if I utter the articulate sound ‘biltrix’, as I just did, anyone who hears it literally has no idea what it means. By contrast, if I utter the sound ‘man’ in English or the corresponding term ‘homo’ in Latin, anybody who understands these languages will have an understanding of human beings in general, i.e., the word will activate a concept in his or her mind whereby they conceive of human beings in a universal fashion. At any rate, after Boethius, this is the common medieval idea behind any explanation of why Aristotle said that words signify things with the mediation of concepts. This semantic idea is spelled out even more explicitly in a 13th-century logic text, the so-called Summa Lamberti, in the following fashion:

… it is essential to know that four things are required for an utterance to be significant: a thing, a concept [or some understanding, intellectus] of the thing, an utterance, and the union of the utterance with the concept of the thing. What we are calling the thing is something existing outside the soul, which is apprehended by the soul by means of an idea of it - e.g., a man, or a stone. What we call the concept of the thing is the idea [species] or likeness of the thing, which exists in the soul; for according to Aristotle in the third book of De anima (III, 8, 431b30-432a1), not the stone but rather an appearance [species] of the stone is in the soul; and it is by means of the appearance that the soul grasps the thing. The utterance is that which is put forward along with the concept [or understanding] of the thing; in that case [i.e., when the utterance is made with some understanding of a thing] a signification is united to the utterance and the utterance is made significant. And although both the concept of the thing and the utterance are natural in the same way (since they are formed by natural sources), the utterance is nevertheless said to signify by the will of the person instituting it, because the union of the concept of the thing with the utterance is effected by the will, and it is in that [action] that the imposition of the utterance consists. In this way, therefore, an utterance is primarily - in itself - and directly the sign of a concept of the thing; but in addition it is indirectly the sign of the thing. For just as we say that whatever is a cause of the cause is a cause of the thing caused, so we can say that in its own way whatever is a sign of the sign is a sign of the thing signified. Thus, since an utterance is a sign of a concept, and a concept is a sign of a thing, in this way [the utterance] is a sign of the thing as well. An utterance that is a sign of a sign - of the concept - will be a sign of the signified - i.e., of the thing; it is, however, a sign of the concept directly but a sign of the thing indirectly.

It is important to note here that the term signifies the thing it signifies only by virtue of signifying the concept; still this does not mean that the word is imposed to signify the concept only, because the concept naturally signifies the thing conceived by it. The other important point is that the “thing” signified by a common term is not any of the singular things one can ultimately conceive of by means of the corresponding concept. For the concept directly represents in an abstract universal fashion the nature existing individualized in its particulars. The particulars themselves will therefore not be strictly speaking the significata of the term, but rather its supposita, i.e., the things the term can be used to stand for in a proposition. Lambert makes this clear in the immediately following paragraph:

Now signification differs from supposition in that signification is prior to supposition. For the signification is the concept of the thing represented by means of the utterance, and before the union of it with the utterance there is no term; rather, a term is constituted in the union of that concept of a thing with an utterance. Supposition, on the other hand, is a certain property of a term that has been constituted in that way. There is another difference, because signification extends only to the thing the term is imposed to signify; supposition, however, extends not only to the thing signified by means of the term but can extend to supposita contained under that thing. For example, the signification of ‘man’ extends only to man, not to the things contained under man; for ‘man’ signifies man, not Socrates and not Plato. ‘Man’ can, nevertheless, supposit for Socrates, and for Plato, and for man.
The “thing”, therefore, that a term on this conception signifies is not any of the ordinary things we would normally use the term to stand for in the context of a proposition. For the thing in question is what the concept directly represents, namely, the nature of the individuals abstracted from its individuating conditions in the formation of the concept. Thus, on this conception, what the term ultimately signifies is determined by the representational content of the concept immediately signified by the term in the mind. That representational content, in turn, is determined by the process of concept-formation, namely, abstraction.
Using this much as our intuitive starting point, taking our cue from the foregoing discussion as well as from Peter Geach’s seminal paper “Form and Existence”, in a formal semantic construction we may represent the signification of a common categorematic term by means of a semantic function that assigns individualized natures, forms, or “property-instances” (the terminology is of no importance) to individuals at different times. 

Accordingly, if F is a common term, u is an individual element of the universe of discourse U, and t is a time-point or interval (we do not have to determine that in advance), then let SGT(F)(u)(t) be an element of U, representing the ultimate significate of F in u at t, the individualized F-ness of u at time t. The signification of F itself, SGT(F), on the other hand, is the function itself assigning these ultimate significata to F in respect of u and t. The function itself, therefore, can also be regarded as a representation of the objective concept, or the common nature itself, what is immediately signified by F in abstraction from the individualizing conditions of the nature ultimately signified by F. In fact, if we distinguish a special subclass of individuals in U, namely, individual minds designated by m, then we can take SGT(F)(m)(t) to represent what F signifies immediately in mind m at t, namely, the formal or subjective concept m has of the nature objectively signified by F in abstraction from any mind or any thing that is or can be F.

But regardless of the somewhat obscure details concerning the distinction between formal concept, objective concept and common nature, the emerging semantic conception is clear enough, and relatively easy to approach from a modern, post-Fregean angle. The ultimate significata of common terms are “trope-like” forms or properties individualized by the subject they inform and by time. What verifies the term of an individual at a given time in a simple predication is, therefore, the actuality, i.e., actual existence of this significatum. Thus, for example, ‘Socrates is wise’ is true because of the actual existence of Socrates’ wisdom, namely, Socrates’ actual, individualized quality, signified by the predicate ‘wise’. Correspondingly, ‘Meletus is wise’ is false, because of the non-actuality of Meletus’ wisdom, provided these sentences are uttered, say, during Socrates’s trial. To be sure, if Meletus still can be wise at that time, the term ‘wise’ can be taken to signify his potential wisdom. But in regard of a thing that simply cannot have wisdom, such as a rock or a color, the term ‘wise’ just signifies nothing. So, the signification of a concrete common term is best represented by a semantic function that takes individuals and times as its arguments, and yields actual or potential individualized properties for these arguments or nothing, in case it is undefined for those arguments. 

A simple predication, therefore, in general, yields the combination of the signification of the predicate with its appropriate arguments, provided by those semantic values of the other syntactic components of the predication that determine the individualized significata of the predicate. These “individualizing factors” are the individual thing provided as the suppositum (i.e., referent) of the subject, and the time provided by the tense of the verb and the context of the utterance. 

As even these brief remarks indicate, according to the via antiqua conception, the two terms of a categorical proposition have radically different semantic functions. The subject term supplies its supposita to fill in the argument places of the abstract signification-function of the predicate, thereby determining which ultimate significata of the predicate need to be actual to render the proposition true. The signum quantitatis (the “quantifier word”) of the subject term will determine how many of these significata will have to be actual, whereas the tense of the copula will determine when these significata will have to be actual. But the copula on this conception will do actually much more, namely, it will signify the actuality of these ultimate significata, effect the combination of subject and predicate, and signify the existence of the resulting propositional complex, while co-signifying the time when this complex needs to be actual for the truth of the proposition.

Now, if we want to take the reflections of medieval authors on this issue seriously, we have to acknowledge that the copula in their analysis is not just a mere syntactical marker of the application of predicate to subject (to distinguish a predication from a mere list), but it actually has the semantic function of signifying existence. As Aquinas explains:

The reason why [Aristotle] says that the verb ‘is’ co-signifies composition is that it does not principally signify composition, but secondarily; for it primarily signifies what occurs to the mind in the way of actuality absolutely: for ‘is’, uttered absolutely, signifies being in act, and hence it signifies as a verb. But since actuality, which the verb ‘is’ principally signifies, is in general the actuality of every form, whether it is a substantial or an accidental actuality, this is why when we want to signify any form or act to actually inhere [inesse] in a subject, we signify this by means of the verb ‘is’, either absolutely [simpliciter] or with some qualification [secundum quid] ...

Thus, the copula with respect to a suppositum of the subject and with respect to the ultimate significatum of the predicate in that suppositum signifies the existence of this ultimate significatum, which can be compositionally determined as the value of the signification of the verb ‘is’ and its equivalents. However, depending on the nature of the ultimate significata of the predicate, the existence of these ultimate significata may be radically different. This is the clearest in the case of the ultimate significata of a privative predicate, such as ‘blind’, and the corresponding positive predicate, such as ‘sighted’. Clearly, for the ultimate significata of ‘blind’ to exist is for the ultimate significata of ‘sighted’ not to exist. Therefore, since nothing can be existence and non-existence in the same sense, we cannot say that in ‘Homer is blind’ and ‘Socrates is sighted’ the copula would signify existence in the same sense. So, the significata of the copula in respect of the ultimate significata of the predicates of these sentences in the supposita of the subjects cannot be said to be acts of existence in the same sense. 

However, at the same time, with regard to the immediate significatum of the predicate (the common nature signified by the predicate) the copula also signifies the existence of some other type of entity uniformly, in the same sense, according to Aquinas, namely, of the entity signified by the proposition as a whole, the so-called enuntiabile.
In a model theoretical reconstruction, the resulting semantic theory is complicated and unwieldy, but one that is not necessarily inconsistent and has a number of advantages in logic itself as well as in metaphysics. In the first place, it is clear that the apparently boundless proliferation of various semantic values assigned to both categorematic and syncategorematic terms yields a very fine-grained semantics, capable of making distinctions that more coarse-grained theories cannot make.  For example, it is well-known that modern intensional logics, defining intensions in terms of functions from possible worlds to extensions or truth-values, cannot distinguish necessarily co-extensional predicates or propositions, such as the predicates ‘trilateral’ and ‘triangular’, or two tautologies. But on the via antiqua conception, as sketched here, it is easy to see that the two predicates can have distinct significations, yielding distinct ultimate significata for the same individuals, even if those significata are necessarily co-actual in any possible situation. In the same way, the significata of two non-synonymous tautologies can be two distinct, yet always necessarily co-actual enuntiabilia or complexe significabilia determined compositionally in terms of the distinct semantic values of the components of these distinct propositions.

Another logical advantage of this sort of construction is a simple, uniform theory of truth, consonant with Aristotle’s simple definition according to which a proposition is true just in case its significatum exists, which in turn is conditioned on both the way things are and on the way the compositional structure of the proposition determines the existence-conditions for the propositional significatum. For example, the proposition ‘Homer is blind’ on this conception is true, provided the enuntiabile or complexe significabile it signifies, namely, that Homer is blind, exists. But this entity, which is the value of the application of the semantic function signified by the copula to its arguments, namely, the suppositum of the subject and the signification of the predicate, exists just in case the ultimate significate of the predicate in the suppositum of the subject, i.e., Homer’s blindness exists. The existence of this, however, is conditioned on the non-actuality of the ultimate significatum of the corresponding positive predicate, namely, the non-existence of Homer’s sight. Thus, the truth of the proposition ‘Homer is blind’ will consist in the simple fact of the existence of the significatum of this proposition. However, the existence of the significatum of this proposition is conditioned on the existence or non-existence of several “layers” of other items, assigned as the various semantic values of the syntactic components of the proposition. 

And herein reside both the strength and the difficulty of this semantic construction. The primary strength of this construction consists in the expressive power of the system, which renders it capable of making the most refined distinctions, and thus allowing the formulation of the most abstruse metaphysical questions concerning the various semantic values of any phrases in any syntactical category. On the other hand, this is also the difficulty with this construction. It not only allows the formulation of abstruse metaphysical questions: it makes them inevitable, especially concerning the identity and distinction of these semantic values and the determination of their nature, their precise ontological status.
Indeed, this seems to have been one of the best motivations for Ockham and Buridan to set aside this construction and come up with their alternative way of constructing semantic theory. In what follows I am going to focus on Buridan’s more complete semantic construction. 
This also starts out with an Aristotelian semantic triangle, in which concepts are natural signs of whatever we conceive by means of them, whereas the utterances and inscriptions subordinated to them are the conventional signs of the same, in virtue of their conventional subordination to concepts. Not all concepts have, however, the function of conceiving something; some concepts merely serve to determine how we conceive of things conceived by other concepts. This is the basis of Buridan’s primary distinction between categorematic and syncategorematic concepts, and the corresponding spoken and written terms. For example, the concept of negation operating on the syncategorematic concept whereby we conceive indifferently of all humans (past, present, future, and merely possible ones as well) yields a complex concept whereby we conceive of all humans negatively, on account of which the concept applies to all non-humans. Again, the concept of the affirmative, assertoric, present tense copula operating on two categorematic concepts yields a complex concept, a mental proposition, whereby we conceive of all things conceived by the categorematic concepts in such a way as to conceive the identity of those significata of the categorematic concepts that are actual at the time connoted by the copula, i.e., the identity of the actual supposita of these mental terms. As these examples clearly illustrate, following Ockham’s lead, Buridan wholeheartedly subscribes to the idea of a mental language, in which simple, naturally significative units of our thought, our simple concepts, are combined in their operation to yield complex representational units of our thought, our complex concepts, the representative (or “naturally significative”) function of which is compositionally dependent on the functions of the simple concepts. To be sure, according to Buridan, our complex concepts are complex only in this sense, namely, in the compositionality of their representative function; otherwise, ontologically, they are just as simple qualities of the mind as are our simple concepts. However, since their formation and representative function is conditioned on the operation of the relevant simple concepts, it makes good sense to call them semantically complex.

Written and spoken terms are classified as categorematic, syncategorematic or mixed, depending on the kind of concept they are subordinated to. To be sure, since imposition is conventional and as such arbitrary, this classification may change as established usage changes. And of course there are a number of pragmatic factors determining what counts as established usage, but if these pragmatic factors are (reasonably) fixed, then we can have a fixed interpretation of these conventional signs. 

Given such an interpretation, some categorematic terms are simple, others are complex. However, some of those that are syntactically simple (i.e., they have no parts that are significative in themselves and contribute their semantic values in determining the semantic values of the whole) may still be semantically complex in virtue of being subordinated to a complex concept, the compositional character of which can be expressed by means of the syntactical structure of the appropriate nominal definition. Again, some categorematic terms are absolute and others are connotative (be they simple or complex) in virtue of being subordinated to absolute or connotative concepts (i.e., to concepts whereby conceive of things absolutely, not in relation to others, or in relation to others, respectively). Finally, some categorematic terms are singular and others are common, again depending on whether they are subordinated to singular or common concepts. Common absolute terms signify all their significata indifferently in the same way, just as these significata are conceived by means of the corresponding concepts. Common connotative terms signify their significata in relation to other things, called their connotata, again, in the same way as they are conceived by means of the corresponding connotative concepts.

When categorematic terms are joined by a copula to form a proposition, they take on the function of supposition, i.e., standing for some or all of their ultimate significata in personal (or significative) supposition, or for their immediate significata (the token-concepts to which they are subordinated) or for themselves or other tokens of the same kind, in material (or non-significative) supposition. (Buridan drops simple supposition as a separate division of supposition, and simply lumps it together with material supposition under the heading of non-significative or material supposition.)

In personal supposition absolute terms supposit for those of their ultimate significata that are actual at the time connoted by the present-tense assertoric copula, whereas connotative terms, or as Buridan more often calls them, appellative terms, supposit for those of their ultimate significata that are both actual at the time connoted by the present-tense assertoric copula and are actually related to the term’s appellata in the way demanded by the term’s connotation. For example, in the sentence ‘A man is an animal’, the absolute subject and predicate terms supposit for actual men and actual animals, as opposed to the non-actual ones still signified by these terms. In the sentence ‘A man is wise, the absolute term ‘man’ supposits for actually existing men, whereas the connotative term ‘wise’ supposits for actual persons actually having wisdom, assuming the correct nominal definition of ‘wise’ is ‘person having wisdom’, where the absolute term ‘wisdom’ signifies individual wisdoms (given Buridan’s nominalist ontology, one cannot say ‘individual instances of wisdom’), which are the individual qualities informing the souls of wise persons. The wisdoms of wise persons are the connotata of the term ‘wise’, connoted by it whether they are actual or not, and appellated (obliquely referred to) by it in this sentence, provided they are actual. Thus, just as personal supposition is direct reference to the term’s actual ultimate significata, so appellation is oblique reference to a connotative term’s connotata that are actual at the time connoted by the copula of the proposition in which the term occurs.

Buridan’s semantics of propositional signification is very simple: propositions signify whatever their categorematic terms signify. Thus, the propositions ‘God is God’ and ‘God is not God’ signify the same simple thing as the term ‘God’ does, namely, God. Yet, the reason why these linguistic expressions are non-synonymous is that they signify different concepts in the mind, whereby the same simple thing is conceived differently. So, whereas these phrases ultimately signify the same thing ad extra, outside the mind, they signify different concepts immediately apud mentem, i.e., in the mind.

But then it is clear that these contradictory propositions cannot be verified either in terms of the existence of their immediate significata or in terms of the existence of their ultimate significata (for the existence of those would verify both, which is impossible); whence, in stark contrast to the via antiqua conception, their truth is not to be determined in terms of their signification at all.

Therefore, the truth of propositions is to be determined for Buridan on the basis of the supposition of their terms. However, since this varies with propositional context, the conditions of their truth given in terms of the supposition of their terms needs to be provided separately for different types of propositions. The clauses Buridan provides in his discussion of the causes of truth and falsity of proposition may, in fact, look very much like the clauses of the satisfaction conditions of formulae in a formal semantics, serving a “definition of truth” (in a model).

However, upon a closer look it should be clear that Buridan is not providing a “definition of truth” here whether in an Aristotelian or in a Tarskian manner. That he is not providing an Aristotelian truth-definition in terms of the existence of what a proposition as a whole signifies in the way the via antiqua semantics did is clear from the foregoing considerations concerning Buridan’s conception of propositional signification, as well as from his remark that whenever he uses the Aristotelian formula, he means it merely as a shorthand for his own clauses listing the causes of truth and falsity of propositions. It is also clear that these clauses do not list satisfaction-conditions or even truth-conditions for the various types of propositions (amounting to definitions of truth for these proposition types), for none of those clauses is anything like a Tarskian biconditional. They are not saying ‘A proposition of type T is true if and only if such and such conditions are met’. They are saying ‘A true/false proposition of type T is true/false, because the supposita of their terms satisfy such and such conditions’. So, what these clauses assert is not even the necessary and sufficient conditions of the assertibility of truth or falsity of these various types of propositions; rather, they are stating the “correspondence conditions” of true or false propositions, i.e., what circumstances need to obtain in reality concerning the supposita of their terms for their truth or falsity (these circumstances being quite literally the causes of their truth or falsity). Finally, the same point, namely, that these clauses do not constitute Buridan’s definition of truth, or strictly-speaking his statement of truth-conditions, is clear from his treatment of Liar-type paradoxes, according to which such paradox statements are simply false, despite the fact that in their case their correspondence conditions stated in the above clauses are perfectly met. For according to Buridan, the Liar-type paradoxes, or insolubilia, merely show that meeting its correspondence conditions is not sufficient for the truth of a proposition.
But then, if Buridan does not have a definition of truth, then how can he have a semantic definition of validity?

The Buridanian answer to this question is that the notion of validity is not to be provided in terms of a definition of truth; indeed, Buridan argues that in (what we would describe as) a token-based, semantically closed system, the notion of validity cannot be based on the notion of truth. The simple reason for this is that items of our language are individual token-symbols, which are parts of Buridan’s ontology, just as any other really existing individual. These token-symbols come into and go out of existence, whereas their existence may be part of the conditions of their correspondence to reality and their truth. For instance, the proposition ‘No proposition is negative’, being a negative proposition, can never be true, for its very existence falsifies it. Still, it would not be an impossible situation in which there are no negative propositions (in fact, this was the actual situation before the appearance of humans, provided we restrict our notion of a proposition to those formed by humans whether in writing, speech or in the mind). But then, in the case of this proposition there is again a divergence between the satisfaction of truth conditions and correspondence conditions, this time on account of the existence and non-existence of the proposition itself. Therefore, if he allowed a definition of validity in terms of truth, Buridan would have to accept as valid any odd consequences that have this proposition as their antecedent.

To avoid this, Buridan proposes a different, improved definition of validity, not in terms of truth, but in terms of the correspondence conditions he laid out for different types of propositions, summarized in the (improperly interpreted) Aristotelian formula:

The fifth conclusion is that for the validity of a consequence it does not suffice for it to be impossible for the antecedent to be true without the consequent if they are formed together […] for this is not valid: ‘No proposition is negative; therefore, no proposition is affirmative’. And this is clear because the opposite of the consequent does not entail the opposite of the antecedent. Yet, the first cannot be true without the truth of the second, for it cannot be true. Therefore, something more is required, namely, that things cannot be as the antecedent signifies without being as the consequent signifies. But in connection with this it has been determined that this is not the proper expression of the point, but we use it in the sense given above, for we cannot generally express in a single expression covering all true propositions a reason why they are true, nor concerning all false propositions a reason why they are false, as has been said elsewhere.

Thus, by means of the re-interpreted Aristotelian formula, as summarizing the correspondence conditions of propositions that Buridan laid down in terms of the supposition of their terms, he managed to identify the ways things are in a possible situations, regardless of whether the proposition that would signify them to be this way exists in those situations. Yet, relying on his theory of supposition, Buridan can do so without reifying the way things are as a “state of affairs”, a complexe significabile, distinct from the ordinary things admitted in his nominalist ontology.

After this sketch of Buridan’s semantics, what remains is to provide the sort of rational reconstruction I was talking about, at least in outline, to facilitate its comparison with the competing medieval conception as reconstructed here, as well as with modern quantification theory. In fact, perhaps the best way to approach this reconstruction from “our side” is first to see how the standard semantic construction of quantification theory would need to be modified to represent, at least in part, the contrasting features of the medieval viae. Next we should see what further features cannot be captured by such simple modifications, and finally what would need to be done to capture even those features for our own use.

As I have argued in several of my papers, much of the traditional analysis of categorical propositions, their immediate inferential relations in the Square of Opposition and traditional syllogistic can quite easily be restituted by some very simple modifications of the syntax and semantics of standard quantification theory with identity.

All we need to do is add restricted variables to the language, and evaluate them in the semantics in such a way that they pick out elements of the extension of their matrix in a model, provided this extension is not empty; otherwise they should get some evaluation that renders any affirmative predication about them false. 
This simple modification of quantification theory renders it capable of representing some common features of both medieval viae, through attributing existential import to all affirmative predications, as both viae did, although for different reasons. For the via antiqua, affirmative (non-ampliative) predications carry existential import because of the impossibility of the existence of the form signified by the predicate in a suppositum of the subject without the existence of any suppositum of the subject (barring the miraculous cases of transubstantiated bread and wine). For the via moderna, on the other hand, affirmative (non-ampliative) predications must carry existential import because of the requirement of the co-supposition of the terms of the affirmative predication, which of course cannot take place unless both terms actually do have supposita.

These differences are partly representable already in the modified version of quantification theory with identity and restricted variables. In this system, the via moderna analysis of a universal affirmative proposition would have to be represented as a universal identity claim with two quantifiable restricted variables:

((x.Sx)((y.Py)(x.Sx = y.Py)

The via antiqua analysis, on the other hand, would have to be represented as a universal predication where only the subject term is represented by a quantifiable variable:

((x.Sx)(P(x.Sx)).

These formulae represent quite well the symmetry of the semantic functions of the two terms in the via moderna analysis, and the asymmetry of the same in the via antiqua analysis. However, it is only the via moderna analysis that is represented quite well by the semantic functions of the restricted variables of the first formula. The function of the predicate of the second formula (designating a subset of the domain) is nowhere near the signification function attributed to such a predicate by the via antiqua. Thus, in a formal semantic reconstruction of that conception, we would have to assign to the predicates of our language the sort of signification function discussed earlier. However, that will inevitably bring with it having to modify the domain of interpretation of our model, where we would have to distinguish at least actual and non-actual elements (corresponding at least to actual vs. non-actual ultimate significata of our predicates, rendering our predications true or false). But if we want to represent the finer details of the via antiqua conception, we will also have to introduce new terms into our language, corresponding to abstract common terms, with the function of suppositing for the significata of the predicates representing our concrete common terms. Furthermore, at this point it will be also inevitable to introduce a copula with the function of asserting the existence of these significata. However, since these significata cannot be regarded as entities in the same sense in all cases, we would have to distinguish several senses of existence, and introduce further sub-domains into our domain of interpretation accordingly. Finally, we should also represent the function of the copula asserting the significata of entire propositions, which could then serve to provide a simple Aristotelian formula for the definition of truth-in-a-model, grounding a definition of validity. These adjustments, however, already involve major departures from the standard construction of quantification theory.

As we have seen, the via moderna analysis is actually much closer, at least in the first approach, to standard quantification theory. Indeed, the function attributed to predicate letters (that of denoting subsets of the domain or of its Cartesian products with itself) is not a far cry from the nominalist conception of the signification of common terms, according to which these terms signify certain individuals of the domain, or their ordered collections in the case of connotative terms. And the identity sign is clearly a good representation of the function of the copula in accordance with the via moderna conception. 

However, again, if we need to represent the finer details of the via moderna conception, we need to depart considerably from the standard construction of the semantics of quantification theory. In the first place, although using restricted variables to represent common terms in personal supposition yields “the right results” concerning the square of opposition and syllogistic, nevertheless, it does so at the expense of representing simple common terms (say, F) as complex variables with an intrinsic propositional structure embedded in their matrix (‘x.Fx’, amounting to something expressible as ‘thing that is an F’). But according to our via moderna authors it is the simple term ‘man’, for example, that has this referring function, and not a complex term like ‘thing that is a man’. In fact Buridan would pointedly distinguish the two in various contexts. So, to represent this feature of via moderna semantics, we would need to devise “term-logics” along the lines proposed by Lesniewski, Lejewski, Henry, Sommers and Englebretsen.

However, even if all the finer details of via moderna semantics were neatly represented in a semantic theory that describes the semantic features of an object language in a distinct meta-language, the entire construction of that semantic theory, as we have seen, would be radically unfaithful to Buridan’s conception. 

To approach that conception, therefore, one might provide a semantic construction in which the object language is capable of “cannibalizing” its own meta-language, by introducing distinguished semantic predicates into the object-language matching those originally defined in the meta-language. 
The payoff of such a project would be the ability to see exactly what it takes, in precise model-theoretical terms, to construct a nominalist semantics, facilitating its comparison both with the competing medieval conception and with a number of modern conceptions. And this, in the end, might just get us closer to a genuine understanding of the fundamental semantic relations between language, thought and reality.
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